By introducing some parameters and estimating the weight functions, we build a new Hilbert's inequality with the homogeneous kernel of 0 order and the integral in whole plane. The equivalent inequality and the reverse forms are considered. The best constant factor is calculated using Complex Analysis.
Introduction
If f x , g x ≥ 0 and satisfy that 0 < where the constant factor π/ sin π/p also is the best possible. 
where the constant factor K π/ a b a c b c is the best possible.
The main purpose of this paper is to build a new Hilbert-type inequality with homogeneous kernel of degree 0, by estimating the weight function. The equivalent inequality is considered.
In the following, we always suppose that: 1/p 1/q 1, p > 1, r ∈ −1, 0 , 0 < α < β < π.
Some Lemmas
We start by introducing some lemmas. we find that A −2B/r 2π cos rα/r sin rπ, then
2.4
The lemma is proved. 
2.6
and the lemma is proved.
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Lemma 2.3. For ε > 0, and r − max{2ε/p, 2ε/q} ∈ −1, 0 , define both functions f, g as follows:
2.8
Proof. Easily, we get the following:
Let y −Y , using f − 
2.13
Proof. By Lemma 2.2, we find that 
2.14 
Main Results
< k ∞ −∞ |x| p 1 r −1 f p x dx 1/p ∞ −∞ |x| q 1−r −1 g q x dx 1/q , ∞ −∞ |x| q 1−r −1 g q x dx 1/p J 1/p < k ∞ −∞ |x| p 1 r −1 f p x dx 1/p . 3.6
3.7
For ε > 0, by 3.7 , using Lemma 2. Hence, we find k o 1 < h. For ε → 0 , it follows that k ≤ h, which contradicts the fact that h < k. Hence the constant k in 3.1 is the best possible. Thus we complete the proof of the theorem. 
